The purpose of this note is to apply some recent results of B. Choczewski to a question concerning commutable functions and continuous iterations. Namely, we shall prove the following:
Theorem.
Let Then there exists a unique one-parameter family of functions <p,(x), sE(-°° , °°), satisfying the following conditions for all s:
The family of the functions 4>s(x) is also, in a sense, the "best" family of continuous iterations of the function f(x). The functions <p,(x) may be obtained as the limit of the sequence defined by Proof. In order to simplify the notation we write if h(x) =f~\x). 1 The number a may also equal -oo ; but b must be finite, which undoubtedly is a defect of the present theorem. The condition limI<0+o f{x) = a may be omitted, but then the functions 4>,{x) occurring in the thesis of the theorem may not be defined in 
Moreover, we have
Consequently, as a direct consequence of a theorem of B. Choczewski [2] , it follows that for every number sQ(-°o, <») there exists exactly one function <p,(x) satisfying equation (4), and fulfilling conditions (A), (B), and the condition2
(Condition (C) is fulfilled, since the functions <ps(x) satisfy equation (4), which is equivalent to (1)).
It follows from the uniqueness of cp, that <t>k(x) =fk(x) for integral k. In particular we have <j>i(x) =/(x).
The paper by B. Choczewski has not yet been published; and since the method employed by him is essential to our further considerations, we shall present here a very short outline of his arguments, naturally omitting all details. into itself. Furthermore, in view of (5), we have, for <p, \¡/Q(ñ Consequently, i> is a contraction mapping, and by the theorem of Banach-Caccioppoli, has exactly one fixed point in (ft, i.e. there exists exactly one function cp,(x) of class C2 in {b-r¡, b), satisfying equation (4) and conditions (7). This function can be uniquely extended onto the whole interval (a, b) in such a manner that it will satisfy equation (4) .
Hence it follows (see also [3, Theorem V]) that the function <p,(x) can be obtained as the limit of the sequence defined by the recurrence From the theorems of B. Choczewski [2] it further follows that the function <ps(x) has the same regularity properties as/(x).
To complete the proof of our theorem it remains only to show that the functions <p,(x) form a family of continuous iterations of f(x), i.e. that they satisfy the relation 
